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Abstract—This paper focuses on an analysis of technical re-
quirements for the design of a permanent-magnet-type electric
variable transmission (PM-EVT), which is a novel series–parallel
hybrid electric vehicle (HEV) powertrain concept. Similar to the
planetary gear train used in Toyota Prius II, the EVT also realizes
the power-split function. However, it is implemented in an elec-
tromagnetic way rather than in a mechanical way, as is the case
for Prius II with a planetary gear. In this paper, a procedure to
define the technical requirements of an EVT is presented. Since
Toyota Prius II is a well-known series–parallel HEV, this vehicle
is chosen as a reference. The engine, battery, and other necessary
components are kept as input data. A dynamic simulation was per-
formed to take into account different driving cycles. Then, based
on an analysis of the simulation results (torque, speed, and power)
the technical requirements of the PM-EVT are defined. Finally,
the PM-EVT machine is designed. The PM-EVT design results are
presented and validated using the finite-element method (FEM).

Index Terms—Electric variable transmission (EVT), permanent-
magnet machine, planetary gear, series–parallel hybrid electric
vehicle (HEV).

I. INTRODUCTION

DUE TO THE pressure of environmental pollution and
the current energy crisis, hybrid electric vehicles (HEVs)

have gained increasing attention. With regard to different archi-
tectures, HEVs fall into three categories, namely, series hybrid,
parallel hybrid, and series–parallel hybrid. Despite having more
complex structures, series–parallel HEVs (SP-HEVs) combine
the advantages of both series and parallel hybrids and have
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greater potential in improving fuel economy and reducing
emissions [1]–[4]. As a well-known SP-HEV, Toyota Prius II
uses a planetary gear to optimize power flows.

Various SP-HEV topologies can be found [5]–[7]. Among
them, the concept of an electric variable transmission (EVT)
also realizes the series–parallel function. However, it is imple-
mented in an electromagnetic way rather than in a mechanical
way, as is the case with Toyota Prius II. In the EVT, a com-
bination of two concentrically arranged electric machines is
adopted. By controlling their speed and torque, an integrated
powertrain function is enabled, including a continuously vari-
able transmission, a starter, and a generator [8]–[10].

Different machine types and structures can be applied to such
a powertrain concept, and several studies have been carried out,
with areas of focus including machine performance improve-
ment and its applications in HEVs [11]–[24]. In a previous
study [25], a permanent-magnet EVT (PM-EVT) was chosen
because of its higher efficiency and torque density [26], [27].
Different PM-EVT structures have been analyzed, as well as a
step-by-step choice of an appropriate structure for EVTs.

Thus, SP-HEVs can be developed using a planetary gear train
or an EVT. To obtain an efficient comparison, both solutions
have to be studied in the framework of the same vehicle for
the same use. Since the first steps, however, the design of
HEVs has been carried out as a whole, including the choice
of the powertrain [28], [29]. In our approach, we propose to
design an EVT for an existent HEV with a planetary gear train.
Second, the EVT could be integrated into the global model of
the vehicle to replace the planetary gear. Finally, comparative
studies could be carried out examining efficiency, performance,
and limitations. The design of an EVT for an existing vehicle,
however, is not an easy task. This subsystem has to ensure the
same functionalities as the planetary gear train solution. The
technical requirements of the HEV have to be analyzed first.
The EVT then has to be designed in accordance with these
technical requirements.

The objective of this paper is to design an EVT which fulfills
the requirements of Toyota Prius II. The next step is to integrate
this EVT into the same simulation model of the vehicle for
comparative purposes. As Toyota Prius II is a well-known
SP-HEV with a real vehicle available in our group, this HEV
has been chosen as the reference vehicle.

This paper is organized as follows: In Section II, the Prius
and EVT-HEV systems will be briefly introduced with respect
to their structures, principles, etc. In Section III, the Prius sim-
ulation is first carried out using the software VEHLIB to obtain
the technical data for defining the EVT specifications. Extract-
ing the simulation data, the maximum and rated specifications
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Fig. 1. Two SP-HEV powertrains. (a) Toyota Prius II system. (b) EVT system.

are defined. In Section IV, to illustrate the interest of the defined
specifications, an initial PM-EVT is designed using a proposed
design procedure. The main analytical design equations are
given, and the finite-element method (FEM) results are used
to validate the design.

II. SERIES-PARALLEL HYBRID ELECTRIC

VEHICLE POWERTRAINS

The SP-HEV allows a power-split operation in both series
and parallel hybrid paths and creates more freedom to optimize
the power flows. The power-split function can be implemented
in different ways. To design an EVT system, a system-level
design procedure is also presented based on an analysis of the
operation of Prius II (see Fig. 2).

A. SP-HEV With a Planetary Gearbox

In Prius II, the planetary gear (PG) is used to connect dif-
ferent power plants. The PG consists of a set of gears, namely,
the ring gear (R), the sun gear (S), and the carrier gear (C).
As shown in Fig. 1(a), the internal combustion engine (ICE)
is linked to the carrier. Electric motor/generator 1 (MG1) is
connected to the sun gear, whereas MG2 is connected to the
ring gear and then to the vehicle, which enables direct motor
propulsion and energy recycling into the battery (BAT) during
regenerative braking [31]–[35].

B. SP-HEV With a PM-EVT

In this case, the electrical machines are denoted EM1 and
EM2 to clearly distinguish them from the electrical machines in
the planetary gear solution. An EVT is another device that real-
izes the power-split function in an electromechanical way rather

Fig. 2. EVT design procedure.

than in a mechanical way. In principle, the EVT is considered
as an integrated electromechanical converter consisting of two
concentrically arranged electric machines (EM1 + EM2). Two
sets of three phase windings are fed by two power converters
(INV1 and INV2) with a common dc bus, as shown in Fig. 1(b).

C. EVT Design Procedure

Due to the nature of the SP-HEV, the series–parallel power-
train design is more complex than that of a conventional auto-
mobile and the series or parallel HEVs. It must be designed at
a system level. All power subsystems are co-designed to obtain
the technical requirements of the powertrain. In the case of an
EVT, this new device replaces MG1, MG2 and the planetary
gear. The EVT generally is co-designed with other subsystems.

In our case, however, the final objective is to compare an EVT
solution with the Prius II solution. This is why the actual engine,
the mechanical powertrain, and the battery subsystem of Prius
II are left unchanged. Their characteristics will be used as input
data for the EVT design in the proposed design procedure
(see Fig. 2). Vehicle performances, driving cycles, and energy
management will be the same as for Prius II in this first study.

III. TECHNICAL REQUIREMENTS FOR

PERMANENT-MAGNET-TYPE ELECTRIC

VARIABLE TRANSMISSION

To obtain the technical requirements for the PM-EVT,
Prius II is simulated according to different performance require-
ments and a developed control strategy. The simulation results
are extracted and applied into the studied EVT-HEV to analyze
and define the specifications of the EVT.
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Fig. 3. VEHLIB validation by experiments based on the 1015 cycle [36]. (a) Vehicle speed in the 1015 cycle. (b) Battery SOC. (c) ICE speed.

TABLE I
SIMULATION PARAMETERS OF TOYOTA PRIUS II

A. Prius Simulation

The Prius system is simulated using VEHLIB software based
on the MATLAB/Simulink environment [36], [37]. In VEHLIB
software, modeling the vehicle consists of modeling its differ-
ent units (ICE, electric machines, batteries, gears, etc.) and their
interactions by means of a strict forward-looking approach.
A simulation of Toyota Prius II has been developed using
VEHLIB. A real Prius vehicle has been used to validate this
simulation model using experimental results, both on different
components and on the whole vehicle. Fig. 3 shows a compar-
ison of simulation and measurement results, with some signifi-
cant variables based on the 1015 driving cycle (state of charge
(SOC) of the battery, vehicle speed, and ICE speed). The 1015
driving cycle is an abbreviation of the Japanese-mode 1015
driving cycle, which reflects the typical driving environment in
Japan. It has been chosen because the studied Toyota Prius was
imported from Japan (designed for Japanese users).

More validation results can be found in [36], including
dynamic performance tests under different SOCs of the battery.
Due to the use of the energy management for EV mode,
some differences occur, as explained in [36]. The other results,
however, indicate good correlation between measurement and
simulation. Therefore, the VEHLIB simulation for Prius can be
considered accurate enough to be used in what follows.

Taking into account various performance requirements, the
following driving cycles are simulated:

1) maximum acceleration performance of 0–180 km/h
in 100 s;

2) highway cycle with a maximum speed of 140 km/h and
an average speed of 92 km/h;

3) road cycle with a maximum speed of 104 km/h and an
average speed of 48 km/h;

4) urban cycle with a maximum speed of 58 km/h and an
average speed of 22 km/h.

Moreover, another acceleration performance test is also con-
sidered, which occurs on a 5% slope. However, the simulation
results show that its performance requirement could be covered
by the maximum acceleration performance. Therefore, the ac-
celeration on a slope will not be included in this paper. Some
parameters of Toyota Prius II are listed in Table I [36].

B. Analysis of Technical Requirements

For the analysis of the technical requirements, a detailed
EVT structure is illustrated in Fig. 4. The EVT can be consid-
ered as an integrated electromechanical converter consisting of
two concentrically arranged electric machines. Outer machine
EM2 consists of an external stator and the outer part of an
outer rotor. Inner machine EM1 consists of an inner rotor and
the inner part of an outer rotor. Two layers of surface-mounted
permanent magnets (SMPM) are attached on the outer rotor.

Dynamic models of two SP-HEVs using the planetary gear
and the EVT are presented. More details about modeling the
PG and the EVT are given in [5], [6], [10], and [34]–[38].

In Prius II, the speeds and torques of ICE, MG1, and MG2,
i.e., ΩICE,ΩMG1,ΩMG2 and TICE, TMG1, TMG2, respectively,
satisfy the relationship, as defined in (1). ρ is known as the
basic ratio, which is equal to 78/30 = 2.6. In a steady state, the
torque dynamics reduces to (2). Similarly, for the EVT-HEV,
the equations of dynamics are described in (3), as well as the
steady-state equations in (4). ΩEM1,ΩEM2 and TEM1, TEM2

are the speeds and electromagnetic torques of EM1 and EM2,
respectively. Fres is the resistance force, which includes the
rolling resistance and the aerodynamic resistance. rw and kt are
the radius of the wheel and the final drive ratio in the Prius II
case, respectively. JEVT1 and JEVT2 are the equivalent inertia
values on the input and output shafts of the EVT. JPG1, JPG2,
JPG3, and JPG4 are the equivalent inertia values of Prius II.
The aforementioned equations are given as follows:

Speed :

{
ΩICE = ρ

1+ρ · ΩMG2 + 1
1+ρ · ΩMG1

ΩMG2 = kt

rw
· vveh

Torque :

⎧⎪⎪⎪⎪⎪⎨
⎪⎪⎪⎪⎪⎩

JPG1
dΩICE

dt = TICE − (ρ + 1)TMG1

− JPG2
dΩMG2

dt

JPG3
dΩMG2

dt = TMG2 + ρ
ρ+1TICE − Tres

+ JPG4
dΩICE

dt
Tres = rw

kt
Fres

(1)

Torque :
{

TMG1 = 1
ρ+1TICE

Tres = TMG2 + ρ
ρ+1TICE

(2)

Speed :
{

ΩICE = ΩEM2 − ΩEM1

ΩEM2 = kt

rw
· vveh

Torque :

⎧⎨
⎩

JEVT1
dΩICE

dt = TICE − TEM1

JEVT2
dΩEM2

dt = TEM2 + TEM1 − Tres

Tres = rw

kt
Fres

(3)

Torque :
{

TICE = TEM1

Tres = TEM2 + TEM1.
(4)



CHENG et al.: SPECIFICATIONS AND DESIGN OF A PM-EVT FOR TOYOTA PRIUS II 4109

Fig. 4. SMPM-EVT structure.

Fig. 5. EVT speed and torque curves deduced from Prius II simulation. (a) EM1 speed. (b) EM1 torque. (c) EM2 speed. (d) EM2 torque.

Using the dynamic and steady models, the torque and speed
curves under different driving cycles are obtained (see Fig. 5).
The distribution of the operation points in the torque–speed plan
is thus shown in Fig. 6.

EM1 aims to transmit ICE torque TICE to the vehicle and
to realize a change of speed between the ICE and the vehicle

requirement. The output shaft of EM2 is mechanically linked
to the final drive so that its speed is proportional to the vehicle
speed. EM2 needs to compensate the torque difference between
the ICE and the vehicle requirements.

Based on the foregoing understanding of the missions of the
EVT, working areas for EM1 and EM2 can be defined by four
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Fig. 6. EVT operation points in the torque–speed plan. (a) EM1 torque–speed
distribution. (b) EM2 torque–speed distribution.

parameters, namely, maximum and rated torques and maximum
and rated speeds. The choices of these parameters are analyzed
as follows.

1) Maximum Speeds and Torques for EM1 and EM2: For
EM1, its torque output has to cover the whole ICE working
range to deliver its torque to the vehicle. Considering the
dynamics, its maximum torque TEM1_max should be a little
higher than the real ICE torque.

Defining the maximum speed of EM1, i.e., ΩEM1_max, is
more complex because ΩEM1 depends on the difference be-
tween ΩICE and ΩEM2. Although the maximum vehicle speed
is defined, the choice of ΩICE is difficult due to its optimized
operation. Due to the proposed design procedure in Section II,
ΩEM1_max can be estimated on the basis of simulation of dif-
ferent driving cycles. As shown in Fig. 6(a), because the vehicle
speed is higher in the highway cycle than in the urban and
road cycles, ΩEM1 is also higher. In the maximum acceleration
test, although the vehicle speed is greater, ΩICE is also greater,
reaching nearly 5000 r/min. Therefore, ΩEM1_max occurs in
the highway cycle, which is equal to 3600 r/min.

EM2 is mechanically connected to the final drive. Its maxi-
mum speed ΩEM2_max is proportional to the maximum vehicle
speed of 180 km/h, which is equal to 6500 r/min.

As for MG2 in Prius II, EM2 must provide enough short-
term torque TEM2_max to satisfy the acceleration performance
requirements. Meanwhile, during regenerative braking, EM2
is also necessary to have the short-term overload capability to
recover the braking energy.

As shown in Fig. 6(b), the maximum torque of EM2, i.e.,
TEM2_max, is a little lower than that of MG2 (TMG2_max =
400 N · m). Indeed, in Toyota Prius, the ICE is mechanically
linked to MG2 via the planetary gear. From (1) and (2), it can be
seen that the ICE torque contributes to the total traction torque
in the ratio of ρ/(1 + ρ). Comparatively, in the EVT-HEV,
the ICE torque contributes to the final drive, as defined in (3)
and (4). Therefore, EM2 needs a lower torque to satisfy the
same performance requirements.

2) Rated Speeds and Torques for EM1 and EM2: During
highway cruising, EM1 has to transmit the ICE torque, mainly
ranging from 80 to 100 N · m, in the long term. Moreover,
to achieve the maximum acceleration capability, EM1 must
deliver the maximum ICE torque for a duration of 100 s.
Therefore, rated torque TEM1_rat is chosen equal to TEM1_max.

Unlike electric machines working around the rated region,
the EV electric machines have to work in a wide torque–speed
range (see Fig. 6). Therefore, generally, its rated speed and
torque are not easily obtained. In this paper, statistical distri-
butions based on Fig. 6 are used to define the rated speeds
and torques for EM1 and EM2. Fig. 7 shows the distribution
of speeds, torques, and power values of EM1 and EM2 for the
given intervals. The cumulative percentage distribution, which
gives the sum of all the percentages of occurrences, is also
calculated for each parameter.

The EM1 rated speed ΩEM1_rat of 2000 r/min is finally
adopted, which covers 92% of the speed operation points. Field
weakening is an important factor in choosing this value to
achieve a reasonable extended speed range.

In addition, the rated torque of EM2, i.e., TEM2_rat, is
statistically estimated. Since the thermal limit has to be satisfied
to avoid ruining the machines, a reasonable overload ratio needs
to be chosen. Finally, TEM2_rat is chosen as 100 N · m, which
covers nearly 95% of the operating points, as shown in Fig. 7.

Rated power PEM2_rat is chosen, which covers 95% of the op-
erating points. PEM2_rat corresponds to rated speed ΩEM2_rat,
which is equal to 2000 r/min. It is a reasonable value when
considering the field-weakening operation during high speeds.

Finally, the rated and maximum specifications of the EVT
are listed in Table II, along with those of the Prius machines,
for comparative purposes. As shown in Fig. 6, a few operation
points are beyond the defined torque–speed range of EVT
machines. However, its ratio to the overall operation points is
very small and is thus neglected.

IV. DESIGN AND VALIDATION OF THE

PERMANENT-MAGNET-TYPE ELECTRIC

VARIABLE TRANSMISSION

An initial PM-EVT has been designed to fulfill the
aforementioned analytical results. Independent design is first
adopted without considering the magnetic interference between
EM1 and EM2. The effect of magnetic interference will be
discussed later.

To design the PM-EVT, the main design equations for a
normal PMSM, as given in [39] and [40], are recalled here. The
overall dimensions of an electric machine are defined according
to its electromagnetic torque, i.e.,

T = 2πr2lB1gK1s (5)
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Fig. 7. Statistical distributions of EVTs. (a) Statistical distributions for EM1. (b) Statistical distributions for EM2.

TABLE II
SPECIFICATIONS OF EVT AND PRIUS ELECTRIC MACHINES

where r is the rotor radius, l is the rotor length, B1g is the
root-mean-square value of the fundamental sinusoidal space
component of the air-gap flux density created by the magnet,
and K1s is the linear current density along the stator periphery.
B1g and K1s are limited by many design constraints, including
the magnet properties, geometric dimensions, saturation, and
cooling capability [39], [40].

Air-gap flux density is assumed to have the waveform pre-
sented in Fig. 8. The relationship between B1g and air-gap flux
density magnitude Bg is thus given by

B1g =
2
√

2
π

Bg sin(α) (6)

where α is the electrical angle of the magnet span ranging from
55◦ to 80◦. Bg is in the range of 0.85–0.95 T.

The following empirical equation is used to calculate mini-
mum air gap gm above the magnets:

gm ≈ 0.0002 + 0.003
√

r · l, ge = 1.05gm. (7)

Moreover, an arbitrary 5% increase of gm is assumed to calcu-
late effective air gap ge taking the effect of Carters’ coefficient
into account.

Fig. 8. Air-gap flux density waveform.

Thus, radial thickness lm of the permanent magnet is
defined by

lm =
μrge

Br/Bg − 1
(8)

where μr and Br are the relative permeability and the residual
flux density, respectively. For the NdFeB magnet, μr ≈ 1.05
and Br ≈ 1.1 T. When ignoring the flux leakages, one half of
the flux in every magnet goes through the yoke. Therefore, the
yoke thickness can be expressed as

dy =
α · r
pn

· Bg

By
(9)

where pn is the number of pole pairs, and By is the maximum
yoke flux density, which is constrained by the core saturation.
Typically, By is in the range of 1.4–1.7 T, varying to adjust to
the core losses.

More details about the PM-EVT design can be found in [25],
including the design of slots and windings and the number of
turns. The final geometry of the PM-EVT is shown in Fig. 9,
as well as the no-load flux lines using the FEM. The main
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Fig. 9. No-load flux lines of the PM-EVT under the rated speed.

TABLE III
MAIN PARAMETERS OF PM-EVT AND PRIUS MG2

parameters of the PM-EVT are listed in Table III, as well as
those of Prius MG2, for comparative purposes [32], [33]. Due
to the fact that MG1 data could not be obtained, only MG2 data
are listed.

From the EVT flux lines, it can be seen that magnetic
interference exists between EM1 and EM2, which will affect
the machine performance. In [25], it has been proven that the
interference changes with the relative position angle Δβ of the
outer and inner magnets in the PM-EVT. Since the reduction
of the flux densities in the air gaps is less than 2%, it has
been concluded that the effect of magnetic interference on the
EVT performance can be ignored with sufficient accuracy for
an initial approach.

The validation of the machine performance was carried out
based on FEM simulation. Since the two machines adopt the
same design equations with a few differences, only EM2 is
taken as an example to validate the design.

Fig. 10(a) shows the back electromotive force (EMF) results
using the analytical method and FEM simulation under the
rated speed. A comparison of the fundamental components of
the back EMF has indicated good agreement. Due to the stator
slotting and the rotor flux leakage, the back EMF using an
analytical method is 4.7% higher than the FEM result, which
is in a reasonable range.

The FEM torque simulation is also given in comparison with
the design value, as shown in Fig. 10(b). A torque reduction

Fig. 10. Comparison of FEM and analytical results. (a) Back EMF and its
fundamental component. (b) Torque simulation and analytical results.

of 4.2% is within reasonable limits considering the reduction
of air-gap flux density due to the stator slotting and leakage.
The field-weakening and overload capabilities are also vali-
dated using the FEM. Although the air-gap flux is distorted
due to the armature reaction during the overload operation,
the simulated maximum torque of EM2 still meets the design
requirements.

An initial comparison of the PM-EVT and Prius II machines
can be undertaken (EM2 and MG2 in fact). The volume of
EM2 is greater than that of MG2. This is because the EVT
is an integrated electromechanical converter, in which EM1 is
inserted into EM2. Therefore, only specific power is compared.
As listed in Table III, the EM2 specific power is almost equal
to 1 kW/kg, in comparison with that of 1.11 kW/kg for the
MG2 in Prius II. Since the designed EVT is an initial attempt,
no machine optimization has been carried out. This explains
the performance differences. On the other hand, EM2 adopts
a surface-mounted PM machine, and MG2 is an interior PM-
type machine. The later machine exhibits a reluctance torque in
addition to the magnetic torque, which also helps increase the
power density [33].

Deducing from a common model and control structure, it
has been proven that the EVT-HEV and Toyota Prius II have
the same basic power flows and operation modes [41], [42].
Using the same methodology, a comparison of the performance
and efficiency is being developed. However, since the objective
of this paper is to define the technical specifications of the
EVT-HEV, such a comparison is beyond the content of this
paper. It will be developed in future work.
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V. CONCLUSION AND FUTURE WORK

A new SP-HEV has been developed. It is composed of an
EVT, instead of electrical machines, and a planetary gear. A
PM-EVT has been designed for Toyota Prius II to replace the
current powertrain using a planetary gear. This way, future
comparisons could be developed to highlight the advantages
and drawbacks of both solutions.

Toyota Prius II has been chosen as the reference vehicle
because it is a well-known and efficient system. We have
proposed a new design procedure, which begins with finding the
technical requirements of the EVT, where the ICE, mechanical
powertrain, and supply subsystems are used as input data. The
simulation of Prius II provided various results, and the obtained
evolution of torques and speeds was used to complete the re-
quirements of the EVT. A specific PM-EVT was then designed,
and a finite-element simulation validated its ability to meet the
technical requirements. Although the proposed design method
is developed for the particular case of Toyota Prius II and an
initial design of the PM-EVT, it could still be considered for the
design and analysis of other hybrid powertrains. Thus, it can be
considered as a generic method to define the specifications of
hybrid powertrains.

The next steps of this work are given here.

1) Machine optimization will be carried out to improve the
performance of the PM-EVT, including specific power
and thermal modeling.

2) Global modeling and control of both the EVT-HEV and
Prius II will then be detailed for a more in-depth com-
parison, particularly in terms of dynamic and energetic
behaviors.
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